Introduction and Definitions
Let A be the class of functions analytic in the open unit disk U : {z : |z| < 1} and let A a, n be the subclass of A consisting of functions of the form g z a a n z n a n 1 z n 1
Sandwich Theorem
In order to prove our sandwich result, we need first to recall the principle of subordination between analytic functions, let the functions f and F be in A. We say that f is subordinate to A univalent dominant q that satisfies q ≺ q for all dominants q of 2.3 is said to be the best dominant.
We also need the following definition and lemma.
Definition 2.1 see 10, page 817, Definition 2 . Denoted by Q, the set of all functions f z that are analytic and injective on U − E f , where
and are such that f ζ / 0 for ζ ∈ ∂U − E f .
Lemma 2.2 see 11 .
Let q 1 , q 2 be two nonzero univalent functions in U, and let λ / 0, μ ∈ C. Further assume that R μλq i z ≥ 0 and for
and q 1 , q 2 are, respectively, the best subordinant and the best dominant. 
and q 1 , q 2 are, respectively, the best subordinant and the best dominant.
Proof. Let g z Θ α,β f z be defined as in Definition 1.2, where f ∈ A 0 , 0 < β < 1 and α / 2, 3, 4, . . . . Then from 1.17 , we have for k ∈ N,
2.10
This yields
2.11
By applying Lemma 2.2 for λ 1 and μ 0, we get the result.
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Putting α 0 in Theorem 2.3, we get the following corollary. Corollary 2.4. Let q 1 , q 2 be two nonzero univalent functions in U, and let k ∈ N, 0 < β < 1. Further, assume that zq 1 z /q 1 z and zq 2 z /q 2 z are starlike univalent in
2.14 and q 1 , q 2 are, respectively, the best subordinant and the best dominant.
In particular, for k 1, Corollary 2.4 reduces to the following remark.
Remark 2.5. Let q 1 , q 2 be two nonzero univalent functions in U, and assume that zq 1 z /q 1 z and zq 2 z /q 2 z are starlike univalent in U. For 0 < β < 1, if f ∈ A 0 , 1 − zD
implies
where CH denotes the closed convex hull.
3.3
Also it is known that cf. 14
Since R is a convex region, using Lemma 3.3, we get
Thus, f ∈ SP μ,β . This completes the proof of Theorem 3.4.
Corollary 3.5. Let 0 < α < 1 and 0 ≤ β ≤ 1. Then
In particular, the functions in SP α,β are parabolic starlike and they are uniformly convex when β 1.
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Corollary 3.6. Let 0 ≤ λ < α ≤ 1 and 0
It can be verified that the Riemann map q of U onto the region R, satisfying q 0 1 and q 0 > 0, is given by
3.7
We define the function H by
Theorem 3.7. Let α, β ∈ 0, 1 and let H z be defined by 3.
Proof. We first note that
where each member of the Hadamard product in 3.10 is known to be a convex univalent function cf. 2, 14 . Therefore, by Lemma 3.1, H z is a univalent convex function.
Thus, there exists a function ω satisfying the Schwarz Lemma such that
Since q z − 1 is a univalent convex function, a result of 15 see also 16, page 50 yields
Since H z is a univalent convex function and has real coefficients, H U is a convex region symmetric with respect to real axis. Hence,
Thus, 3.17 gives the assertion 3.15 of Theorem 3.9. Also, we readily have the assertion 3.16 of Theorem 3.9. The sharpness in 3.15 and 3.16 is also a consequence of the principle of subordination. This completes the proof of Theorem 3.9.
Corollary 3.10. Let f ∈ SP α,β , where α, β ∈ 0, 1 . Then,
The result is sharp. Remark 3.11. i Letting α or β equal to zero in Theorem 3.9, we obtain a result due to Srivastava and Mishra see 9 .
ii Taking α 1, β 0 in Theorem 3.9, we get a result of 2, page 170, Corollary 3 .
Next, we investigate characterization for f to be in the class SP α,β ∩ T. We need first the following lemma.
Lemma 3.12. If Θ α,β f ∈ T, where α, β ∈ 0, 1 , then
Proof. Suppose ∞ n 1 n 1 n 1 ! 2 / 2 − α n 2 − β n a n > 1. We can write ∞ n 1 n 1 n 1 ! 2 2 − α n 2 − β n a n 1 ε, ε > 0 .
3.21
Then, there exists an integer N such that 2 − α n 2 − β n a n < 1. 3.24
